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Íåõàé As = {0, 1, 2, ..., s − 1} � s-êîâèé àëôàâiò, s > 2, L = As × As × ... � ïðîñòið ïî-
ñëiäîâíîñòåé åëåìåíòiâ àëôàâiòiâ. Òîäi äëÿ äîâiëüíîãî ÷èñëà x ∈ [0; 1] iñíó¹ ïîñëiäîâíiñòü

(αn) ∈ L òàêà, ùî x =
∞∑
n=1

αn

sn
≡ ∆s

α1α2...αn.... Ðîçêëàä ÷èñëà x â s-êîâèé ðÿä íàçèâà¹òüñÿ

s-êîâèì ïðåäñòàâëåííÿì, à çàïèñ ∆s
α1α2...αn... � éîãî s-êîâèì çîáðàæåííÿì.

Iñíó¹ çëi÷åííà ìíîæèíà ÷èñåë (s-êîâî áiíàðíèõ ), ùî ìàþòü äâà ðiçíi s-êîâi çîáðàæåííÿ:
∆s

α1α2...αn(0)
= ∆s

α1α2...[αn−1](s−1). Ðåøòà ÷èñåë âiäðiçêà (s-êîâî óíàðíi) ìàþòü ¹äèíå s-êîâå
çîáðàæåííÿ.

Ðîçãëÿäà¹òüñÿ ôóíêöiÿ fa, îçíà÷åíà ðiâíiñòþ

fa(x = ∆s
α1α2...αn...) = ∆s

|a1−α1||a2−α2|...|an−αn|..., (1)

äå an � s-êîâi öèôðè ïàðàìåòðà a = ∆s
a1a2...an...

, (an) ∈ L.
Äëÿ êîðåêòíîñòi îçíà÷åííÿ ôóíêöi¨ fa, äîìîâèìîñü âèêîðèñòîâóâàòè ëèøå îäíå ç äâîõ

çîáðàæåíü, à ñàìå òå, ùî ìiñòèòü ïåðiîä (0).

Òåîðåìà 1. ßêùî a = ∆s
(a1a2...an)

, òî ãðàôiê ôóíêöi¨ fa ¹ ñàìîïîäiáíîþ ìíîæèíîþ

Γ = Γ1 ∪ Γ2 ∪ ... ∪ Γsn =
⋃

(α1,...,αn)∈An
s

gα1...αn(Γ), äå

gα1...αn :


x′ = x

sn
+

n∑
m=1

αm

sm
,

y′ = y
sn

+
n∑

m=1

|am−αm|
sm

.

Íàñëiäîê 1. ßêùî a = ∆s
(a1a2...an)

, òî ñàìîïîäiáíà ðîçìiðíiñòü ãðàôiêà ôóíêöi¨ fa
äîðiâíþ¹ 1.

Òåîðåìà 2. ßêùî a = ∆s
(a1a2...an)

, òî äëÿ ôóíêöi¨ fa ìà¹ ìiñöå ðiâíiñòü

1∫
0

fa(x)dx =

∑
(α1,...,αn)

(
n∑

m=1

|am−αm|
sm

)
sn − 1

.

Ó äîïîâiäi ïðîïîíóþòüñÿ ðåçóëüòàòè äîñëiäæåííÿ ñòðóêòóðíèõ, òîïîëîãî-ìåòðè÷íèõ
òà ôðàêòàëüíèõ âëàñòèâîñòåé ôóíêöi¨ fa.
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