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Figure 11. Newton polygons for the superpotentials on the Zhegalkin zebra functions F2, F3, F4, F6

and F in Figs. 2, 3, 12 and Example 5.1.
〈fig:Newton polygons〉

This means that the map

MΛ −→ R2, m′ 7→
∑

e∈EΛ
m′(e)

(
qw(e)− qb(e)

)
=
(
θt −m′t

)
· (ρm,0 − ρm,1) · ω

induces an embedding of AΛ =MΛ/ ∼ and the Newton polygon conv(AΛ) into R2.

?〈exa:newton polygons〉?Example 2.9. The above method yields for the superpotentials on the Zhegalkin zebra functions
F2, F3, F4, F6 and F in Figs. 2, 3, 12 and Example 5.1 the Newton polygons in Fig. 11, where
we have also indicated the sizes of the fibres of MΛ → AΛ if > 1.

2.4.3. For a map ψ : EΛ → C and z ∈ C we can construct the maps

ψ + zqb, ψ + zqw : EΛ → C. (2.47) ?eq:psizz?

With the constructions in §2.3.1 we thus obtain two (parametrized) curves in CSpec(Z[WΛ])
through the point given by ψ:

S•ψ,S◦ψ : C −→ CSpec(Z[WΛ]), (2.48) ?eq:Spsi?

S•ψ(z) =


 exp


∑

e∈EΛ
m′(e)

(
ψ(e) + zqb(e)

)





m′∈MΛ

(2.49) eq:Spsib

S◦ψ(z) =


 exp


∑

e∈EΛ
m′(e)

(
ψ(e) + zqw(e)

)





m′∈MΛ

(2.50) eq:Spsiw

It follows from (2.33), (2.34), (2.43) and (2.44) that for every m′ ∈MΛ

∂

∂z
exp


∑

e∈EΛ
m′(e)

(
ψ(e) + zqb(e)

)

= 1

2ε•(θ
t−m′t, ω) exp


∑

e∈EΛ
m′(e)

(
ψ(e) + zqb(e)

)

 (2.51) eq:dzb

∂

∂z
exp


∑

e∈EΛ
m′(e)

(
ψ(e) + zqw(e)

)

= 1

2ε◦(θ
t−m′t, ω) exp


∑

e∈EΛ
m′(e)

(
ψ(e) + zqw(e)

)

 . (2.52) eq:dzw


